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a b s t r a c t
Calcium signaling controls several essential physiological functions in different cell types. Hence, it is not
surprising that different aspects of Ca2+ dynamics are in the focus of in-depth and extensive investigations.
Efforts concentrate on the development of proper theoretical models that would provide a uniﬁed description
of Ca2+ signaling. Remarkably, experimentally recorded Ca2+ signals exhibit a rather large diversity, which can
be observed irrespective of the cell type, measuring techniques, or the nature of the signal. Our goal in the
present study therefore is to present a theoretical explanation for the variability observed in experiments,
whereby we focus on caffeine-induced Ca2+ responses in isolated airway myocytes. By employing a stochastic
model, we ﬁrst test whether the observed variability can be attributed to intrinsic ﬂuctuations that are a
common feature of biochemical reactions that govern Ca2+ signalization. We ﬁnd that stochastic effects, within
ranges that correspond to actual conditions in the cell, are far too modest to explain the large diversity
observed in experimental data. Foremost, we reveal that only cell variability in theoretical modeling can
appropriately describe the observed diversity in single-cell responses.
© 2010 Elsevier B.V. All rights reserved.

1. Introduction
Mathematical modeling is a well-established method when
studying complex biological systems. The method is useful and the
predictive power of theoretical models is in many cases indispensable
for catalyzing further experimental studies [1,2]. Modeling of Ca2+
signaling, as other cellular processes, consists in the mathematical
description of the functional properties of the components of the
cellular system, and the analysis of the predictions of the model about
the behavior of the cell system. Validation of the model basically
consists in the comparison of the predicted output of the model
system with the experimental data. Though some scientiﬁc literature
has been devoted to cellular diversity in several cell types [3–7],
the experimental data that are typically considered are the mean
values calculated from several recordings, with no or little interest in
interindividual variability. Nevertheless, biological systems are under
permanent inﬂuences of several internal and external protuberances
and the variability in biological systems has to be taken into account.
Interindividual variability is actually, as well as the central tendency
usually estimated by the mean value, a physiological property,
which can be quantiﬁed by the standard deviation. As a consequence,
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a realistic model should account not only for the mean tendency but
also for the individual dispersion.
Additionally, one of the limitations of the theoretical modeling is
the lack of precise experimental data for the parameters that describe
the components of the system, so that they may be chosen in a given
range. Hence, the biological relevance of the values chosen for the
parameters should also be addressed. The problem is the fact that the
correspondence between the model predictions and the experimental
data may critically depend on the parameter values incorporated
in the model. In that sense, in some cases, mathematical models
are considered as “hypersensitive” to changes in model parameters.
The general idea is that the cell, as a biological system, exhibits a
relative robustness, i.e., its behavior is not deeply affected by
small changes in biological parameters. If not, the biological system,
which is always under permanent inﬂuences of several internal and
external perturbances, would be unable to maintain its functional
integrity. It is hence admitted that, to be realistic, the model should
reﬂect this biological robustness and hence exhibits itself a relative
robustness.
Usually, the robustness of the system is evaluated by the sensitivity
analysis, which is a means to acquire insight about the importance of
model parameters. Perhaps the most famous example is the metabolic
control analysis, which represents in general a systematic method for
analyzing the control of steady states. It quantiﬁes the extent to which
any parameter, but more notably all molecular processes, controls
any steady-state variable within a metabolic pathway [8,9]. Methods,
developed in the framework of metabolic control analysis have
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afterward been successfully applied to the control analysis of various
phenomena in biological systems, including non-steady states and
oscillations [10–15]. However, in the modeling of signaling processes,
it is difﬁcult to objectify a correspondence between the effect of
such arbitrary changes and experimental biological measurements.
The cellular dynamics results from a huge body of biochemical
reactions, which are all subjects to thermal noise, and belongs in
reality to non-deterministic processes, which require special treatments [16–18]. In the last decade a lot of stochastic models have been
developed for describing and studying different cellular processes. In
the modeling of gene expression and circadian rhythms, for example,
where the number of reacting particles in the cell is very low (only
few hundred in some cases), the implementation of stochastic
algorithms has been emphasized and realized by several authors
[19–23]. Furthermore, recent experimental and theoretical investigations indicate that Ca2+ signaling is clearly subjected to stochastic
dynamics as well [24–29]. Consequently, stochastic modeling of
intracellular Ca2+ signaling pathways is gaining increasingly more
attention [30–36]. Recent ﬁndings indicate that the stochastic nature
of Ca2+ signaling arises from the stochastic behavior of ion channels in
the membranes. Local random opening and closing of these channels
introduces stochasticity into global Ca2+ responses [28,37,38].
Moreover, it has been observed that the Ca2+ release channels are
spatially organized in clusters [39,40]. Such an organization can on
one hand enhance the sensitivity of the Ca2+ signaling pathway in
the presence of internal ﬂuctuations by weak stimulation levels
(coherence resonance) [31,41], and on the other hand it can explain
the intrinsic irregularity of Ca2+ oscillations by supra-threshold
agonist concentrations observed in experiments [27,42].
Nevertheless, it is difﬁcult to surely identify and to characterize
perturbances to which biological systems are submitted. However, we
have an objective measurement of their impact, since it is reasonable
to consider that the observed cell-to-cell variability is the consequence of these changes. Hence, the cell-to-cell variability is a critical
biological parameter that should be taken into account in the
modeling of the functional properties of the components of the
system and in the sensitivity analysis of the cellular system.
The aim of this study is to elucidate a rather large cell-to-cell
variability in calcium responses as observed experimentally. First,
we determine whether cell-to-cell variability can be explained by
non-deterministic molecular processes. For that purpose, we have
developed a stochastic version of a model of Ca2+ signaling we have
already published [43], and we compare the individual cell response
pattern and interindividual cell response dispersion predicted by the
stochastic model with original Ca2+ response traces and observed
cell-to-cell variability.
Second, we propose a “reverse” sensitivity analysis. In contrast to
the well-known sensitivity analysis, where the model's behavior is
studied in the context of variations in model parameters, we scrutinize
the inversed problem. In particular, since the scattering of the output
calcium signals is known from experiments, we determinate the range
within a given parameter should vary, so that the subsequent
variations in the predicted output correspond to the observed cellto-cell variability of experimental recordings. In addition, we propose
an extended version of such reverse sensitivity analysis, where all
parameters are varied simultaneously and thus the overall dispersion
of parameters is evaluated. In this way the actual variability of model
parameters is estimated, at which theoretical predictions concur with
experimental observations.
This study is based on the calcium response to caffeine stimulation
in airway myocytes, a biological cellular system for which we have
both a theoretical model that includes the major components
involved in Ca2+ homeodynamics, and a large set of experimental
measurements. The conclusions are extended to the general question
of cellular Ca2+ signaling, on the basis of bibliographical data on the
Ca2+ response to various agonists in different cell types.
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2. Materials and methods
2.1. Experimental
2.1.1. Cell preparation and ﬂuorescence measurement of [Ca2+]i
Measurements of the concentration of calcium ions ([Ca2+]i) in
freshly isolated cells were performed as previously described [43].
Here summarizing brieﬂy, rat tracheae were obtained from male
Wistar rats 10–15 weeks old, weighing 300–400 g. Animals were
sacriﬁced by CO2 exposure, heart and lungs were removed en
bloc, and the trachea was rapidly dissected out. The muscular strip
located on the dorsal face of the trachea was further dissected,
the epithelium-free muscular strip was cut into several pieces and
the tissue was then incubated overnight (14 h) in low-Ca2+
(200 µM) physiological saline solution (PSS; composition given
below) containing 0.5 mg ml−1 collagenase, 0.35 mg ml−1 pronase,
0.03 mg ml−1 elastase and 3 mg ml−1 bovine serum albumin at 4 °C.
After this time, the muscle pieces were triturated in a fresh enzymefree solution with a ﬁre polished Pasteur pipette to release cells.
Cells were stored for 1 to 3 h to attach on glass coverslips at 4 °C in
PSS containing 0.8 mM Ca2+ and used on the same day. In control
experiments, immunocytochemistry was performed using monoclonal mouse anti-smooth muscle α-actin antibodies and FITCconjugated anti-mouse IgG antibodies to verify that the isolated
cells obtained by dissociation were smooth muscle cells (data
not shown). Cells were loaded with indo-1 by incubation in PSS
containing 1 μM indo-1 acetoxymethylester for 25 min at room
temperature and then washed in PSS for 25 min. Coverslips were
then mounted in a perfusion chamber and continuously superfused
at room temperature. A single cell was illuminated at 360 ± 10 nm.
Emitted light from that cell was counted simultaneously at 405 nm
and 480 nm by two photomultipliers (P100, Nikon). [Ca2+]i was
estimated from the 405/480 ratio using a calibration for indo-1
determined within the cells. Caffeine (5 mM) was applied to the
tested cell by a pressure ejection from a glass pipette located close to
the cell. No changes in [Ca2+]i were observed during test ejections of
PSS (data not shown). Each record of [Ca2+]i response to caffeine
was obtained from a different cell. Cytosolic calcium concentrations
([Ca2+]i) are expressed as mean ± SD, for the number of cells indicated in the text.

2.1.2. Solutions, chemicals and drugs
PSS contained (in mM): 130 NaCl, 5.6 KCl, 1 MgCl2, 2 CaCl2, 11
glucose, 10 Hepes, pH 7.4 with NaOH. Collagenase (type CLS1) was
from Worthington Biochemical Corp. (Freehold, NJ, USA). Bovine
serum albumin, elastase, pronase and caffeine (CAF) were purchased
from Sigma (Saint Quentin Fallavier, France). Indo-1 AM was from
Calbiochem (France Biochem, Meudon, France). Indo-1 AM was
dissolved in dimethyl sulphoxide in which the maximal concentration
used in our experiments was b0.1% and had no effect on the resting
value of the [Ca2+]i nor on the variation of the [Ca2+]i induced by
caffeine (data not shown).

2.1.3. Bibliographical data
Data obtained from the literature were taken from publications
selected via Pubmed database. To be selected, the articles should
give original data on intracellular Ca2+ concentration at rest and
upon stimulation that triggers [Ca2+]i increase. Data should be
presented as mean ± standard deviation (SD) and/or standard error
of the mean (SE), with the number of measurements. Usually, SD is
not given in the publications. In this case, it has been recalculated
pﬃﬃﬃ
from SE and the sample size (n) using the formula SD = SE × n. SD
was calculated as the absolute value, and as percent of the mean
value.
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Mgi = 500 µM; kRyR = 2000 s−1; kSERCA = 1 µM s−1; kleak = 0.02 s−1;
kin = 20 µM s−1; kout = 0.1 s−1; kon = 0.1 µM s−1; koff = 0.01 s−1;
KCaff = 250 µM; KA,Ca = 2.5 µM; KA,Mg = 75 µM; KI,Ca = 400 µM; KI,Mg =
300 µM; KSERCA = 0.1 µM; Km = 1 µM; KSPr = 5 µM.

3. Computational
3.1. Deterministic model
We employ the mathematical model for calcium dynamics upon
airway smooth muscle cell stimulation by caffeine that has been
proposed by Roux and Marhl [43]. The model considers Ca2+
exchange between cytosol (Cai) and intracellular calcium stores
(the sarcoplasmic reticulum (CaSR), mitochondria (Cam) and signaling
(SPr) and buffering (BPr) proteins). Here, the model equations are
presented only brieﬂy. For a more detailed presentation see the
original paper [43]. The free Ca2+ concentrations in the cytoplasmic
space, in the SR, and in the mitochondria are calculated by the
following differential equations:
dCai
1
=
dt
1 + KSPr SPrtot = ðKSPr + Cai Þ2


× JRyR −JSERCA + Jleak + Jout −Jin + koff CaBPr−kon Cai BPr ;
ð1Þ

dCaSR
β 
= SR JSERCA −JRyR −Jleak ;
dt
ρSR

ð2Þ

dCam
β
= m ðJin −Jout Þ;
dt
ρm

ð3Þ

JRyR

CICRMg = 

ð4Þ

Ca
h
ii
;
1 + Cai = KI;Ca + Mgi = KI;Mg
Cai + KA;Ca 1 + Mgi = KA;Mg

ð5Þ
JSERCA

Ca2i
= kSERCA 2
;
KSERCA + Ca2i

Jleak = kleak ðCaSR −Cai Þ;

ð6Þ
ð7Þ

8

Jin = kin

8
Km

Cai
;
+ Ca8i

ð8Þ

Jout = kout Cam :

ð9Þ

The concentrations of free and occupied signaling (SPr and CaSPr)
and buffering (BPr and CaBPr) binding sites of proteins are calculated
by the following equations, whereby the conservation relations for the
total signaling (SPrtot) and buffering (BPrtot) protein binding sites and
the total Ca2+ concentration (Catot) in the cell are considered:
SPr =

KSPr SPrtot
;
KSPr + Cai

ð10Þ

CaSPr = SPrtot −SPr;
CaBPr = Catot −Cai −
BPr = BPrtot −CaBPr:

ð11Þ
ρSR
ρ
Ca − m Ca −CaSPr;
βSR SR βm m

Traditionally, reaction systems can be stochastically described as a
birth–death process governed by the master equation. Because there
is no practical procedure to solve this equation, many simulation
algorithms have been developed and one of the widely used is the
Monte Carlo simulation proposed by Gillespie [44,45]. Originally, the
method has been intended for stochastic solving of chemical reaction
schemes. However, as proposed by Gracheva et al. [30], a stochastic
simulation can be performed on the basis of differential model
equations, so that the decomposition of a known deterministic
mechanism into detailed reaction steps is unnecessary. In this case,
reaction rates are ascribed to ﬂuxes, which constitute the partial
differential equation.
All reaction rates are speciﬁed in Table 1, along with the
corresponding stochastic processes. At each iteration step one of the
events with a probability proportional to the transition rate aj is
randomly chosen. Accordingly, the j-th event is selected according to
the following criteria:
j−1

j
ak
a
b r1 ≤ ∑ k ;
k = 1 a0
k = 1 a0

∑

where the ﬂuxes are deﬁned as follows:
Caff 2
= kRyR 2
CICRMgðCaSR −Cai Þ;
KCaff + Caff 2

3.2. Stochastic model

ð12Þ
ð13Þ

Cell stimulation with caffeine was simulated by raising the model
parameter Caff to 5 mM between t = 10 s and t = 40 s. The parameter
values used in our calculations are: ρSR = 0.01; ρm = 0.01; βSR = 0.0025;
β m = 0.0025; Ca tot = 50 µM; SPr tot = 90 µM; BPr tot = 120 µM;

ð14Þ

where a0 = ∑M
k = 1 ak is the sum of the M = 12 aj values and r1 is a
uniformly distributed random number from the unit-interval. Along
with that, the stochastic time increment is calculated:
Δt =

 
1
1
ln
;
a0
r2

ð15Þ

where r2 is a random number statistically equivalent to r1. So, after
each iteration a discrete change of concentration proportional to ∝ 1 / V
is performed in accordance with the chosen event j, as described
in Table 1. The discrete change in the Ca2+ concentration refers to the
change in the number of calcium ions. Importantly, V is the volume
of the cytosolic space, which directly determinates the intensity of
internal noise, since stochasticity is most noticeable for small system
sizes and vanishes in the thermodynamic limit (V → ∞).
In addition, we further evolve our stochastic model by taking into
account clustering of RyR receptors on the sarcoplasmic reticulum.

Table 1
Reaction rates and stochastic processes. Reaction rates aj and the corresponding
stochastic processes entailed in the stochastic model. The meaning of symbols is as
follows: NA is the Avogadro's number, ρSR and ρm are the volume ratios between the
SR and the cytosol and between the mitochondria and the cytosol, respectively, and
βcyt (Cai) = (1 + KSPrSPrtot / [KSPr + Cai]2)−1. Note that nC = 1 if the clustering of the
ryanodine receptors is not considered.
Transition rate

Transition process

a1 = NnACV βcyt ðCai ÞJRyR
a2 = NAVβcyt(Cai)Jleak
a3 = NAVβcyt(Cai)JSERCA
a4 = NAVβcyt(Cai)Jout
a5 = NAVβcyt(Cai)Jin
a6 = NAVβcyt(Cai)koff CaBPr
a7 = NAVβcyt(Cai)konCaiBPr

Cai → Cai + nC / NAV
Cai → Cai + 1 / NAV
Cai → Cai − 1 / NAV
Cai → Cai + 1 / NAV
Cai → Cai – 1 / NAV
Cai → Cai + 1 / NAV
Cai → Cai − 1 / NAV
CaSR → CaSR – nC / ρSRNAV

a8 = NnACV βSR JRyR
a9 = NAVβSR Jleak
a10 = NAVβSR JSERCA
a11 = NAVβm Jout
a12 = NAVβm Jin

CaSR → CaSR – 1 / ρSRNAV
CaSR → CaSR + 1 / ρSRNAV
Cam → Cam – 1 / ρmNAV
Cam → Cam + 1 / ρmNAV
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Previous studies about functioning of InsP3 or RyR receptors in
different cell types have revealed, that those receptors are clustered
into functional Ca2+ release units [39,40,46]. Similar as performed by
Dupont et al. [27,42], a cluster with nC receptors is modeled as 1 large
channel with a nC times larger conductance as an isolated receptor,
whereby it is assumed that the dynamics of RyR receptors inside
one cluster is completely synchronized, since the Ca2+ concentration
around the cluster is supposed to be the same. For that reason,
all receptors in a cluster will open simultaneously. Accordingly, the
discrete change of the Ca2+ concentration that goes along with this
event will be nC times larger, as it is speciﬁed in Table 1 and thus the
Ca2+ release through RyR channels is subjected to a greater extent
of intrinsic ﬂuctuations as nC is increased.
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case the cell-to-cell variability is modeled by distributing the model
parameters according to the Gaussian distribution:
pi = pi ð1 + Xξi Þ;

ð19Þ

where X signiﬁes the SD of the Gaussian distribution of all parameters
and ξi is a random Gaussian number with zero mean and unit
variance. Obviously, as X is increased, the dispersion of the predicted
values for the Ca2+ output variables will increase too. In this manner
we are able to examine the average SD off all parameters, which
corresponds to the same dispersion of the output variables, as
observed in experiment.
4. Experimental results

3.3. Reverse sensitivity analysis and modeling of cell-to-cell variability
4.1. Experiments
Sensitivity analysis is generally used to determinate the sensitivity
of a mathematical model to changes in model parameters. Information gathered by studying how the model behavior responds to
variations of parameters is a useful tool in model building as well as
in model evaluation. Usually, the changes in the output variables
provoked by parameter shift are quantiﬁed via response coefﬁcients
RAPi, which are deﬁned by the following equation (e.g. [8]):

A

Rpi =

∂A = A
p ∂A
= i
;
A ∂pi
∂pi = pi

ð16Þ

where pi is a given parameter and A is a dependant variable, like for
example in our case peak or plateau value. Furthermore, in some
cases a simpliﬁed version of the sensitivity analysis is used for the
evaluation of the robustness of the system. Here, parameters are
varied from 10% of the value of each parameter and the corresponding
changes in the predicted output values are then quantiﬁed.
However, in our study, we consider an inverted situation. In
particular, on the basis of a known distribution of the output variables,
i.e. peak and plateau values, which are determined in experimental
recordings, we wish to ﬁnd out, what are the required variations of
individual parameters that provoke the dispersion in the same extent.
For this purpose, we make use of a different procedure, which we
call a single reverse sensitivity analysis. In particular, we employ the
deterministic model for our calculations, whereby the parameter
being varied is considered to be randomly distributed according to
the Gaussian distribution, whereby a cut-off at two times its standard
deviation is employed to avoid using unreasonably small or large
values. As a consequence, the predicted values for the output variables,
peak and plateau Ca2+ concentrations, vary. For each parameter i, we
determine the SDi of the Gaussian distribution of this parameter that
induces the distribution of the predicted peak and plateau values
which SD is equal to the experimental SD. So, values of the individual
parameters pi are calculated as follows:


pi = pi 1 + %SDi;peak ξi ;

ð17Þ



pi = pi 1 + %SDi;plateau ξi ;

ð18Þ

where ξi is a random Gaussian number (cut-off at two times its
standard deviation as previously explained) with zero mean and unit
variance and %SDi,peak and %SDi,plateau represent the SD reverse
sensitivity coefﬁcients, which signify the required SD of individual
parameters that provoke a distribution of the predicted peak and
plateau values with a SD that is equal to the SD obtained in experiment,
expressed as the percent of the mean value.
In the second procedure, which we call an overall reverse
sensitivity analysis, we vary all parameters simultaneously. In this

Fig. 1A shows the effect of caffeine stimulation (5 mM; 30 s) on the
free cytosolic calcium concentration. Calcium responses to caffeine are
non-oscillatory. The initial peak is followed by a plateau level.
Descriptive statistical analysis of the dispersion of the experimental
data reveals that the spike amplitudes as well as the plateau levels
largely differ between cells. Distribution of experimentally obtained
values for the peak and plateau are presented in Fig. 1B and C. Mean
values and standard deviation of the peak values for 30 cells was
0.69 μM and 0.28 µM, respectively, which corresponds to 41% of SD
normalized to mean value (%SDpeak = 41%). For the plateau, mean and
SD values were 0.047 μM and 0.20 µM (%SDplateau = 43%), respectively. Tests of normality indicate that the distribution of both peak and
plateau values can be considered as Gaussian.
4.2. Bibliographical data
In order to make our conclusions more general, we compare the
dispersion of experimental data in this paper, being around 40%, with
other results selected from the literature. The aim of this selection was
not to be exhaustive, but to present values obtained by different
research groups, with different techniques of [Ca2+]i estimation, in
response to different agonists, in different cell types from different
taxons. Table with gathered data is available in the supplementary
material. In particular, Table S1 compiles the mean values, standard
error of the mean (SE) and the SD of different parameters of the Ca2+
homeodynamics at rest and upon stimulation measured on single
cells in a variety of cell types and organisms, both animal and vegetal:
baseline [Ca2+]i, amplitude of [Ca2+]i rise upon stimulation (e. g. peak
and plateau), and oscillation frequency or duration. In the compiled
data, %SD ranges from 15% to 183%, the median being 48%. This
variability is observed whatever the agonist, in different cell types,
either muscle or non-muscle cells, obtained from distinct organs
and organisms, including cells from animals and plants. The variability
is observed with distinct ﬂuorescent dyes, since several ones, e. g.,
indo-1, fura 2, have been used in the listed studies and, moreover,
it was also seen when the Ca2+ signal was not analyzed by a
ﬂuorescent dye, but via the electrophysiological measurement of
the Ca2+-induced Cl− current. It is observed both in isolated cells
and cells in situ (on lung slides).
5. Computational results
5.1. Role of stochastic effects
To investigate the inﬂuences of stochastic effects on the dynamics
of calcium responses to caffeine, we use a stochastic version of
the model originally proposed as a deterministic model [43]. The
stochastic simulation is implemented according to Gillespie [44,45]
(see Materials and methods).
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Fig. 1. Experimental measurements of Ca2+ responses to caffeine. (A) Typical traces of caffeine-induced Ca2+-responses in isolated airway smooth muscle cells. (B) Histogram of
experimental measured peak values for 30 cells; mean peak value 0.69 μM, SD = 0.28 μM. (C) Histogram of experimental measured plateau values for 30 cells; mean plateau value
0.047 μM, SD = 0.020 μM.

First, we have to evaluate the volume of the cytosolic space which
appears in the stochastic model and is directly related to the intensity
of the internal noise. As they were used in our experiments, isolated
myocytes exhibit an ellipsoid shape around 30–40 μm long and
8–10 μm wide, which hence corresponds to an estimated cell volume
of around 1000–2000 μm3. Considering one third being the cytosolic
volume, hence in our calculations we take V = 500 μm3. Fig. 2A
shows a typical predicted trace of the stochastic solution. Clearly, the
solution looks practically deterministic with only minute markers of
stochasticity. To determine if the non-deterministic effects due to
ﬁnite system sizes can explain the experimentally observed distribution of the peak and plateau levels as presented in Fig. 1B and C,
we systematically scrutinize the inﬂuence of the system size
variation on the dispersion of the values predicted by the stochastic
model. Fig. 2B shows the standard deviation of peak values obtained
for different cellular volumes ranging from 0.1 to 10,000 μm3. The
model predictions would approach the experimentally observed
standard deviation of the peak value only for volumes less than
1 μm3 (see the dashed line in Fig. 2B), much smaller than the genuine
volume of the cytosolic space.
We proceed by analyzing the role of clustering of ryanodine
receptors. Chen-Izu et al. [46] have studied the distribution of
ryanodine receptor clusters in cardiac myocytes. They suggested
that the number of receptors in one cluster is ∼100. We suppose that a
comparable distribution can be considered for airway myocytes, and
show in Fig. 2C a typical predicted trace of the stochastic solution for
V = 500 μm3 and nC = 100. We can observe that in this case stochastic
effects are clearly more expressive. In order to determine the inﬂuence of channel clustering more quantitatively, we show in Fig. 2D
the standard deviation of the peak values obtained for different
numbers of receptors in one cluster. It can be inferred that for
physiologically relevant values of nC the distribution of peak values
can not exceed 10%.

At this point it should be emphasized, that Ca2+ signalization is in
general a spatio-temporal process. Several recent studies [27,28,32,38]
indicate that Ca2+ liberation occurs at discrete functional release sites
in the ER membrane, where small localized Ca2+ release events are
taking place. A coordination of these events via Ca2+ diffusion can lead
to global Ca2+ oscillations. In view of that, a global Ca2+ signal can
indeed be triggered by biochemical reactions, in which very few
molecules are involved, much less than the number of molecules in
the system [28,38]. Accordingly, the extent of stochasticity in the
output signal can be quite substantial, which is especially perceivable
at lower, particularly subthreshold stimulation levels [27,28]. Therefore, by neglecting the spatial dimension of the cell as well as the
diffusional interactions between individual channels, one can indeed
underestimate the level of ﬂuctuations in the system. However, our
experimental conditions consist of overall cell stimulation via caffeine.
As shown in our previous paper (Ref. [43]) using the quenching
properties of caffeine, this non-physiological agonist reaches the
maximal intracellular concentration in less than 1 s so that the RyR
receptors are activated quickly after the application of caffeine.
Therefore, diffusional coupling between RyR channel clusters is bypassed and thus does not give rise to the level of ﬂuctuations in our
system.
Hence, it appears that the stochastic modeling cannot explain the
distribution of the peak and plateau values, and that the gist for
experimentally observed variations lies somewhere else. Therefore, in
the following, we use the deterministic model with variable model
parameters to simulate cell-to-cell variability.
5.2. Role of cell-to-cell variability
We examined the impact of cell-to-cell variability on calcium
dynamics in airway smooth muscle cells using two procedures,
(i) single reverse sensitivity analysis, in which we vary only a single
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Fig. 2. Stochastic simulations of Ca2+ responses. (A) A typical trace of cytosolic calcium concentration obtained by the stochastic simulation for V = 500 μm3. (B) Standard deviation
of peak values %SDpeak in dependence on the cellular volume used for the Gillespie's stochastic integration procedure. Dashed line denotes the experimentally obtained reference
value of standard deviation, whereas the dotted line denotes the theoretically predicted standard deviation obtained if using genuine. (C) A typical trace of cytosolic calcium
concentration obtained by the stochastic simulation, whereby channel clustering is considered — nC = 100 and V = 500 μm3. (D) %SDpeak in dependence on the number of ryanodine
channels in one cluster.

(one-by-one) parameter at the same time, and (ii) overall reverse
sensitivity analysis, allowing simultaneous variations of all parameters
(see Materials and methods).
Add (i): to carry out the single reverse sensitivity analysis, a
Gaussian distribution of the tested parameter was considered, and
we determined the SD inverse sensitivity coefﬁcients %SDi,peak and
%SDi,plateau, which denote the SD of the parameter values required
to obtain an SD of predicted peak and plateau values similar to the
experimentally observed one [see Eqs. (17) and (18)], i.e. 41% and
43% for the peak and the plateau, respectively (see Experimental
results).
Results showing values of %SDi,peak (grey bars) and %SDi,plateau
(black bars) are presented in Fig. 3. Apparently, only six model
parameters have a large enough impact, which enables them to
provoke a dispersion of peak and plateau values, in the same extent as
observed in the experiment. According to these results, the system
seems to be highly robust with very few parameters signiﬁcantly
inﬂuencing the system and no hypersensitive parameters. The most
sensitive parameters have values around 45% and 25% for peak and
plateau, respectively. The plateau appears to be more sensitive than
the peak to parameter variation. The parameters to which the plateau
is especially sensitive are the total Ca2+ concentration (Catot), the
total concentration of buffering proteins (BPrtot) (slow Ca2+-binding
proteins), and the on and off rate constants of Ca2+ binding to these
proteins (kon, koff). The peak is less sensitive to parameter variations.
As for the plateau, it is remarkably sensitive to Catot and BPrtot, but also
to the concentration of signaling protein (SPrtot) (fast Ca2+-binding
protein) and its dissociation constant (KSPr). Furthermore, in contrast
to the peak, the plateau value is not considerably sensitive to SPrtot
and KSPr (red arrows in Fig. 3 indicate, that even a 75% variation
of those parameters can not cause a 43% SD of the plateau values),

whereas the peak is not signiﬁcantly sensitive to variations in kon and
koff (red arrows in Fig. 3).
Add (ii): the principle of the overall reverse sensitivity analysis
is to determine what should be the range of distribution of all
parameters that would induce a variation in the output variables
corresponding to the observed cell-to-cell variability. According to
Eq. (19), all model parameters are simultaneously varied in ranges
which are determined by X. Results are presented in Fig. 4A. The

Fig. 3. The determination of the required variations of individual model parameters that
cause the same dispersion Ca2+ responses as observed in experimental recordings.
Values of %SDi,peak (light grey columns) and %SDi,plateau (grey columns). Red arrows
indicate that the required SDi of those parameters would exceed 75%.
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Fig. 4. Modeling of the cell-to-cell variability. (A) %SDpeak (black line) and %SDplateau
(grey line) in dependence on the degree of variation X of all parameters. (B) The same
relation, whereby only the crucial 6 parameters determined in Fig. 3 were varied. In
both panels, dotted lines denote experimentally observed standard deviations.

dotted lines indicate that for X ≈ 0.21 the theoretical predictions
best match the experimentally observed standard deviations of
peak values (%SDpeak = 41%), whereas for X ≈ 0.13 the results are in
agreement with the SD of plateau values (%SDplateau = 43%). Compared
with the single reverse sensitivity analysis, one can observe, although
somehow expected, that quite smaller simultaneous variations of
model parameters lead to as considerable variations in the output
variables as observed in experimental recordings.
In order to realize the relative importance of the crucial parameters,
which were identiﬁed in Fig. 3, we additionally perform the overall
sensitivity analysis, whereby only the crucial six parameters instead of
all the parameters are simultaneously varied, as given by Eq. (19).
Results, which are presented in Fig. 4B clearly indicate, that in this case
not much larger variations of those parameters are required to achieve
the same dispersion of the output variables. Especially for the plateau,
this difference is almost negligible (X ≈ 0.15), whereas for the peak
the difference is somewhat larger (X ≈ 0.27), but still not essential.
According to these results we can conclude, that only a smaller subset
of parameters is considerably involved into the formation of the
calcium signal patterns. Furthermore, all those crucial parameters
represent some intrinsic characteristics of the whole system and are
not restricted to properties of its components and they also do not
depend on the type of stimulation.
6. Discussion
Experimental study of caffeine-induced calcium responses in
isolated airway myocytes, which are characterized by a transient
peak followed by a progressive decay to a plateau phase, have shown
rather large disperses in peak and plateau values. This may be
surprising, if we consider the Ca2+ response as an encoding signal. The

meaning and consequence of the high variation of encoding signal on
decoding processes and ﬁnal physiological response is beyond the
scope of this study. But it should be ﬁrst noticed that such variability
is not speciﬁc to this study. SD values in the same range have been
observed in our previous studies on the same cell type, either with
caffeine [43,47], ACh [48,49], extracellular ATP [50] or high external
KCl [51]. Comparisons of dispersion of experimental data in this paper
with the compiled data selected from the literature makes this
observation more general. Though we cannot exclude in absolute that
it is an artifact due to experimental manipulations, this variability
is not created by the use of a speciﬁc ﬂuorescent dye. It is neither due
to the process of cell isolation. Finally, this variability is observed
whatever the agonist, in different cell types, either muscle or nonmuscle cells, obtained from distinct organs and organisms, including
cells from animals and plants. Hence, the interindividual variability in
the single cell Ca2+ signaling analyzed in our study is not speciﬁc to its
experimental conditions and reﬂects the interindividual variation
generally observed. It appears then that the variability observed
and analyzed in the present study is only one example of a general
property of cells.
In order to provide a theoretical explanation for these observations, we have examined a mathematical model for calcium dynamics
upon airway smooth muscle cell stimulation by caffeine. We have
taken into account the intrinsic ﬂuctuations, which are an unavoidable feature of all chemically reacting systems with relatively small
number of reacting molecules, by simulating the system with a
stochastic algorithm. For a volume corresponding to the estimated
cytosolic volume, we conclude that the stochastic effects are not
signiﬁcantly enough. For smaller volumes, however, the stochastic
effects make the output signal much closer, also visually closer, to
those observed in the experiments. The Monte Carlo procedure used
in our study is based on the principle that the volume considered is
homogenous, which is not actually the case for a real cell. However,
even though we do not take into account the spatial dimension of
the cell, and with that the non-homogenous distribution of its
compartments, which can indeed give rise to the extent of
stochasticity, we do not substantially underestimate the level of
intrinsic ﬂuctuations. Namely, as indicated in recent studies [28,38],
the main contribution to the stochasticity arises from diffusional
coupling of a few channels, where small localized Ca2+ release events
are occurring, which can lead to a global Ca2+ signal. Since in our
experimental conditions whole-cell stimulation with quenching
agonist concentrations is performed, diffusional coupling between
channel clusters is by-passed. Nevertheless, we partially address this
issue, by taking into account ryanodine channel clustering, similar as
performed by Dupont et al. [27,42], whereat the cell is considered as a
homogenous object. Although the level of stochasticity in this case is
indeed increased, the stochastic effects are not strong enough to cause
differences in peak and plateau value in such an extent as this is
observed in the experiments. Stochastic events produce dispersion in
values similar to the observed one only for very small, i.e., unrealistic
volumes or unrealistic clustering of receptors. However, in both cases
the predicted trace exhibits calcium variations upon time much
greater than the observed one on entire cells. This does not mean that
cell-to-cell variability is not due to random processes, but, if so, they
are not directly reducible to intrinsic noise within the system, and
they are not correctly modeled by a stochastic model. Our ﬁndings
thus suggest that even if the deterministic limit is more or less
reached in a particular biological system, cell variability still remains
and is therefore very important to consider.
Since stochastic modeling could not account for the dispersion
of the observed calcium signal, we used the deterministic model
and introduce variation in parameter values to analyze its impact on
cell-to-cell variability. The fact that the change in parameter value
alters the output value is the base of sensitivity analysis. Its classical
procedure, consisting in varying in a given range of each parameter
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value, is usually difﬁcult to link to any experimental measurement.
The interest of the reverse sensitivity analysis proposed and applied
in this paper is that it is based on the fact that cell-to-cell variability,
experimentally quantiﬁed by SD, is used as an experimental and
quantitative indicator for sensitivity analysis.
The procedure for reverse sensitivity analysis is based on the
idea that the parameter value vary from cell-to-cell according to a
distribution law. We have hypothesized that the distribution was
Gaussian, but the principle remains the same if another distribution
law is applied. The distribution-based single reverse sensitivity
analysis allows to identify the core of sensitivity of the model and
to give a quantitative estimate of what should be considered as
realistically robust. Indeed, the model should be considered as
hypersensitive if, applying reverse sensitivity analysis, the required
dispersion of some critical parameter is smaller than what should be
considered as realistic. Additionally, if experimental values were
available for the parameters (which was not the case in our
study), their actual distribution can be used in the reverse sensitivity
analysis, and the predicted dispersion compared to the experimental
one.
Single reverse sensitivity analysis, is based on one-by-one change
in parameter value. This is a relevant approach if each parameter can
be actually modulated independently, as it is the case in metabolic
control analysis, but not so relevant in the modeling of signaling
processes, even if it still provides some information about the
importance of particular parameters. The more relevant approach
should therefore consider the overall parameter variation, which was
in our study realized by randomly distributing all of the parameters.
Compared to the single one, overall reverse sensitivity analysis shows
that the system is more sensitive to parameter variations if these
parameters can vary simultaneously. Furthermore, by performing a
parallel calculation, where only the crucial parameters were varied
instead of the entire set, we reveal that the key parameters contribute
mostly to the observed cell-to-cell variability. Thus, rather small,
but simultaneous variations of the crucial parameters can cause
considerable variations in the output variables, whereas the majority
of parameters is not so essential in this point of view. We are aware
that in our calculations only an estimation for the realistic parameter
dispersion is acquired. But even if detailed information about the
dispersion of individual parameters can in this manner not be
achieved, it surely provides useful insights into cell robustness.
According to our study, the calcium signaling system of a single cell
appears to be quite robust; the pattern of the calcium signal seems to
be controlled by few parameters, all of them involved in general Ca2+
homeostasis, and not stimulation-speciﬁc: the total Ca2+ amount,
concentration and binding properties of the Ca2+-buffering proteins,
to the concentration of signaling proteins and to its dissociation
constant. Incidentally, most of them, like concentrations, are intrinsic
characteristics of the system itself, not reducible to properties of its
components. This might be of important physiological relevance
providing a highly effective, reliable, and costly reasonable control of
cellular signaling by spending the energy for ﬁne tuning only a
reasonable small amount of parameters while the system is robust to
changes in the other parameters. It can be hypothesized that this
highly effective control of the system by having a small subset of
model parameters with small variation is probably evolutionarily
developed by reaching an optimum in the number of such parameters.
It is obvious that a biological system controlling all the parameters at
the same time would be complicated, difﬁcult and costly inefﬁcient,
whereas on the other hand, tuning only one parameter would be
too risky and also difﬁcult to carry out.
Appendix A. Supplementary data
Supplementary data associated with this article can be found, in
the online version, at doi:10.1016/j.bpc.2010.02.006.

49

References
[1] S. Schuster, E. Klipp, M. Marhl, in: F. Eisenhaber (Ed.), The predictive power of
molecular network modelling: case studies of predictions with subsequent
experimental veriﬁcation, Discovering biomolecular mechanisms with computational biology, Springer, New York, 2006, p. 95.
[2] G. Ullah, P. Jung, K. Machaca, Modeling Ca2+ signaling differentiation during
oocyte maturation, Cell Calcium 42 (2007) 556–564.
[3] R.D. McKay, The origins of cellular diversity in the mammalian central nervous
system, Cell 58 (1989) 815–821.
[4] M. Häusser, N. Spruston, G.J. Stuart, Diversity and dynamics of dendritic signaling,
Science 290 (2000) 739–744.
[5] M. Gosak, Cellular diversity promotes intercellular Ca2+ wave propagation, Biophys.
Chemist. 139 (2009) 53–56.
[6] H. Chen, J. Zhang, J. Liu, Structural-diversity-enhanced cellular ability to detect
subthreshold extracellular signals, Phys. Rev. E 75 (2007) 041910.
[7] M.R. Maurya, S. Subramaniam, A kinetic model for calcium dynamics in RAW
264.7 cells: 1. Mechanisms, parameters, and subpopulational variability, Biophys.
J. 93 (2007) 709–728.
[8] R. Heinrich, S. Schuster, The Regulation of Cellular Systems, Chapman & Hall,
New York, 1996.
[9] M. Cascente, L.G. Boros, B. Comin-Anduix, P. de Atauri, J.J. Centelles, P.W.-N. Lee,
Metabolic control analysis in drug discovery and disease, Nat. Biotechnol. 20 (2002)
243–249.
[10] K.A. Reijenga, H.V. Westerhoff, B.N. Kholodenko, J.L. Snoep, Control analysis for
autonomously oscillating biochemical networks, Biophys. J. 82 (2002) 99–108.
[11] B.P. Ingalls, H.M. Sauro, Sensitivity analysis of stoichiometric networks: an
extension of metabolic control analysis to non-steady state trajectories, J. Theor.
Biol. 222 (2003) 23–36.
[12] M. Perc, M. Marhl, Sensitivity and ﬂexibility of regular and chaotic calcium
oscillations, Biophys. Chemist. 104 (2003) 509–522.
[13] A.E.C. Ihekwaba, D.S. Broomhead, R.L. Grimley, N. Benson, D.B. Kell, Sensitivity
analysis of parameters controlling oscillatory signalling in the NF-kB pathway: the
roles of IKK and IkBa, Syst. Biol. 1 (2004) 93–103.
[14] D.E. Zak, J. Stelling, F.J. Doyle, Sensitivity analysis of oscillatory (bio)chemical
systems, Comput. Chem. Eng. 29 (2005) 663–673.
[15] J. Dzbek, B. Korzeniewski, Control over action potential, calcium peak and average
ﬂuxes in the cyclic quasi-steady-state ion transport system in cardiac myocytes:
in silico studies, Biochem. J. 404 (2007) 227–233.
[16] L. Glass, Synchronization and rhythmic processes in physiology, Nature 410 (2001)
277–284.
[17] C.V. Rao, D.M. Wolf, A.P. Arkin, Control, exploitation and tolerance of intracellular
noise, Nature 420 (2002) 231–237.
[18] R. Grima, S. Schnell, Modelling reaction kinetics inside cells, Essays Biochem.
45 (2008) 41–56.
[19] D. Gonze, J. Halloy, A. Goldbeter, Deterministic versus stochastic models for circadian
rhythms, J. Biol. Phys. 28 (2002) 637–653.
[20] M. Kærn, T.C. Elston, W.J. Blake, J.J. Collins, Stochasticity in gene expression: from
theories to phenotypes, Nature 6 (2005) 451–464.
[21] D.B. Forger, C.S. Peskin, Stochastic simulation of the mammalian circadian clock,
Proc. Natl. Acad. Sci. 102 (2005) 321–324.
[22] M. Yoda, T. Ushikubo, W. Inoue, M. Sasai, Roles of noise in single and coupled
multiple genetic oscillators, J. Chem. Phys. 126 (2007) 115101.
[23] Q. Li, H. Li, Internal noise-driven circadian oscillator in Drosophila, Biophys.
Chemist. 145 (2009) 57–63.
[24] U. Kummer, B. Krajnc, J. Pahle, A.K. Green, C.J. Dixon, M. Marhl, Transition from
stochastic to deterministic behavior in calcium oscillations, Biophys. J. 89 (2005)
1603–1611.
[25] M. Perc, M. Gosak, M. Marhl, From stochasticity to determinism in the collective
dynamics of diffusively coupled cells, Chem. Phys. Lett. 421 (2006) 106–110.
[26] M. Perc, A.K. Green, C.J. Dixon, M. Marhl, Establishing the stochastic nature
of intracellular calcium oscillations from experimental data, Biophys. Chemist.
132 (2008) 33–38.
[27] G. Dupont, A. Abou-Lovergne, L. Combettes, Stochastic aspects of oscillatory Ca2+
dynamics in hepatocytes, Biophys. J. 95 (2008) 2193–2202.
[28] A. Skupin, H. Kettenmann, U. Winkler, M. Wartenberg, H. Sauer, S.C. Tovey, C.W.
Taylor, M. Falcke, How does intracellular Ca2+ oscillate: by chance or by the clock?
Biophys. J. 94 (2008) 2404–2411.
[29] M. Perc, M. Rupnik, M. Gosak, M. Marhl, Prevalence of stochasticity in experimentally
observed responses of pancreatic acinar cells to acetylcholine, Chaos 19 (2009)
037113.
[30] M.E. Gracheva, R. Toral, J.D. Gunton, Stochastic simulation of intercellular calcium
spiking in hepatocytes, J. Theor. Biol. 212 (2001) 111–125.
[31] J.W. Shuai, P. Jung, Optimal intracellular calcium signaling, Phys. Rev. Lett. 88 (2002)
068102.
[32] M. Falcke, Reading the patterns in living cells—the physics of Ca2+ signaling, Adv.
Phys. 53 (2004) 255–440.
[33] H. Li, Z. Hou, H. Xin, Internal noise stochastic resonance for intracellular calcium
oscillations in a cell system, Phys. Rev. E 71 (2005) 061916.
[34] M. Perc, M. Gosak, M. Marhl, Periodic calcium waves in coupled cells induced by
internal noise, Chem. Phys. Lett. 437 (2007) 143–147.
[35] C.-L. Zhu, Y. Jia, Q. Liu, L.-J. Yang, X. Zhan, A mesoscopic stochastic mechanism of
cytosolic calcium oscillations, Biophys. Chemist. 125 (2007) 201–212.
[36] L. Ji, X. Lang, Y. Li, Q. Li, Stimulus perturbation induced signal: a case study
in mesoscopic intracellular calcium system, Biophys. Chemist. 141 (2009)
231–235.

50

M. Marhl et al. / Biophysical Chemistry 148 (2010) 42–50

[37] M.D. Bootman, M. Berridge, P. Lipp, Cooking with calcium: the recipes for composing
global signals from elementary events, Cell 91 (1997) 367–373.
[38] A. Skupin, M. Falcke, From puffs to global Ca2+ signals: How molecular properties
shape global signals, Chaos 19 (2009) 037111.
[39] S. Damjanovich, L. Benea, J. Matkóa, L. Mátyusa, Z. Krasznai, G. Szabo Jr., C. Pieri, R.
Gáspar Jr., J. Szöllösi, Two-dimensional receptor patterns in the plasma membrane
of cells. A critical evaluation of their identiﬁcation, origin and information content,
Biophys. Chemist. 82 (1999) 99–108.
[40] J.W. Shuai, P. Jung, Stochastic properties of Ca2+ release of inositol 1, 4, 5trisphosphate receptor clusters, Biophys. J. 83 (2002) 87–97.
[41] J.W. Shuai, P. Jung, Optimal ion channel clustering for intracellular calcium
signaling, Proc. Natl. Acad. Sci. 100 (2003) 506–510.
[42] G. Dupont, L. Combettes, What can we learn from the irregularity of Ca2+ oscillations,
Chaos 19 (2009) 037112.
[43] E. Roux, M. Marhl, Role of sacroplasmic reticulum and mitochondria in Ca2+
removal airway myocytes, Biophys. J. 86 (2004) 2583–2595.
[44] D.T. Gillespie, Exact stochastic simulation of coupled reaction, J. Phys. Chem.
81 (1977) 2340–2361.
[45] D.T. Gillespie, Stochastic simulation of chemical kinetics, Annu. Rev. Phys. Chem.
58 (2007) 35–55.

[46] Y. Chen-Izu, S. McCulle, C. Ward, C. Soeller, B.M. Allen, C. Rabang, M.B. Cannell, C.W.
Blake, T.I. Leighton, Three-dimensional distribution of ryanodine receptor clusters
in cardiac myocytes, Biophys. J. 91 (2006) 1–13.
[47] E. Roux, J.M. Hyvelin, J.P. Savineau, R. Marthan, Calcium signaling in airway
smooth muscle cells is altered by in vitro exposure to the aldehyde acrolein, Am. J.
Respir. Cell. Mol. Biol. 19 (1998) 437–444.
[48] E. Roux, C. Guibert, J.P. Savineau, R. Marthan, [Ca2+]i oscillations induced by
muscarinic stimulation in airway smooth muscle cells: receptor subtypes and
correlation with the mechanical activity, Br. J. Pharmacol. 120 (1997) 1294–1301.
[49] E. Roux, M. Duvert, R. Marthan, Combined effect of chronic hypoxia and in vitro
exposure to gas pollutants on airway reactivity, Am. J. Physiol. Lung. Cell. Mol.
Physiol. 283 (2002) L628–L635.
[50] B. Mounkaila, R. Marthan, E. Roux, Biphasic effect of extracellular ATP on human
and rat airways is due to multiple P2 purinoceptor activation, Respir. Res. 6 (2005)
143.
[51] N. Ouedraogo, E. Roux, F. Forestier, M. Rossetti, J.P. Savineau, R. Marthan, Effects of
intravenous anesthetics on normal and passively sensitized human isolated
airway smooth muscle, Anesthesiology 88 (1998) 317–326.

